- E ben des. Iy roiezione or‘togongle A : l~l°(Mj ﬂf”"(M))—-a%f’?(M)j
- 3G HWM, aftm)— 1M, oMy e
Gt (M) =0 ¢ inverte As  Su B™H(M)* T+ A5 G=i¢i)
inoltre LG,3] =[G)"a*] =0,
~ N Yerm, artm)), V=HDLITC) + 3T FY) =
Irmonicd  -esatto d*-esatto
= H'(M, &"*(m)) =TT My @ SHe(M, ™) @ I H(M, A (w):
(\Yi SVD =( 5#4"“,) YL\ :OJ ( \Yl §kyl)=(§uwl VD :0)
(3, 3*¢)= ° (3, ) =0. ° THAIE7)

v
Se ¥ & B-chiusa,” W= J0(Y) +33°C (W= [w]=[ HL(V)].
Allora HET(M) 2R H(M) = tuti & Jim. #inita. Irmonico
H*(‘;‘}l , af(m)
% As =As% = % WM — "™ HM) icomorcismo.
In particlare, WM’M(M)‘;\&TLM{ﬂﬂD

Teo. (dualies Ji Kedaira-Serre): M var covnr. °pT.
-H" M, a*(M))= C;

— HH(4, 9P) @HHM, ST ) == H(M, 27 (M)
n 1 (§)

HE*(M) H Pt M) H3"(M)
e non o'egenere ;

— HYM, (M) = H™T(M, Q" T(M)).

L& teorid di Hoc]ge Si looreva £3are anche con d e c]
Des.: un3 metrica hermitiang su M si dice di lAzhler se |3
(1,1) - £ormd associata & chiusa. Intal caso M si dice & U shler.
Es.:. C™ e P" sono Q'i Kéhler = Ogni Mﬁ——» P™ ¢ Ji VL'Q'\hler'.
Ai/m M=y =M¢ Ji V\éhler (Ogni metrica )\efx\{?‘ii%"% e b’i VLé'Her').
Qss.: 3 richiesta duw=0 & locale | od & u,u'\valante a:
V €M 3 cooera-te o'o. 5.‘1,...) &M centriate in t.c.
INE = sy VR @dE, =Shig =S 4 s remnimll ) H= T4 (2)
Per queStioni |oca\i che coinVo'%ono Solo le Jer'iva'te rrime ) Si Fufo'
SuFPorre Jb" = euclided.
r‘o]).: M Qli VL'B'MQT'. 1)H°(M) Sl?(M))Q"’ HQR(M)V‘T
('Q forme olo. sono Wiuse ¢ mdj esaxe se ‘-'/=0)J‘
2) Lo (M= imH*™(M, €)>0, 0 Sms dm M
Bim.: Se yle H°(M, 57,‘*(/«4)) 3 53Ty, rl--o.
V&e MJ n termnj Q)i un Coframe unitadrio \Q“...J \OM er '3
MRTriC3 Ji I/Lémer‘ in un intorno di TL Vl‘-#z N3 LPI =
:Dl’l/\rl‘ 1)23_ ’1172’3 (\91/\1-93- ), ,3 (1,1) ~forma de}lTa% metricd €
(L)::;_'. &g;' kgx,\qk = wm"f: cot?l'. .#ZK:M-“.WKA..@K e
=> nAnawt= Cast. 'IZ(’ZI”_II) ¢, Se 1 #0,

0
Sm )'l/\ﬁ/\uo""“t £0. Se rlzd\l/J In=0= chi=0}'
dw=0 = dw™t=0.Allors n
Q](‘I’Ai[/\ wt) = yl’“'-l"wm’*:f’mrl'\ nAw =0 =>n=0.
Stokes
neH’(M, at M), 91 €H (M, Qt*(M)), dy=21+3n =21,
2n=0 =dn=0. {) oK.
2) Mostriamo che 0t & una 2~ Form3 chiusa non esatty

Visgsm. Se fosse wt=dy, Seakes
—a !
0# VL (M) =( wms]| w"t/\w"“*sz(Ww“‘ t)= 0, assurdo. O
M M M

M var, cOm‘:. c‘at coy metricd l‘lermitiana I e (4,1)-formd W.
L HM, &Y (M) = H (M, " T(m)),
PL — rl/\w
sk + 4
A=L =GP T*L% (veriticare).
ge I ¢ di K shler (=>dw=0),
1)[L,d]=0 ¢, rassamlo agli ag\%iunti) [ A, q\*] =0,
2)[Ld°)=i(3-2) ), w7, A ]=a(R4 -3,
[A, 3 =435, [A,3]=-12%,
I[Ly AT=(prgq-mid;
HIL, Ag1=0, [A,A4]=0;
5) 3%+ 3% =33 +23%3=0,
6) Al=2403=2A5.
) : d0paw) = AW A dw = dnaw.

0
2) ¢ 3):in Coorclmate, SuPPonenc]o '3 metrica euclidea.

4): Ld2d, Ld*2ia-2)+ &L = L +d4) =
= dLd*+ (i(3-2) + &*L)d = d (i(5-D+I*L) +i(5-d+ dIL =
= (d* +d )L+ d(3-9)+ 4 (5 -)d= (dd*+d*d)L .
§): 3" 2 A=A = i(233%+3%) = JA2-2A)+ (AD-31) =
= ANV-INAHAI - =0.
6):AJ=(a+3)(+3*) + (*+3)(3+3)= )
Z23%+33%4 3+ 33F + I+ AT £33+ =Aq+A3,
basta A=Az i3* PAa-2A, -2 TAS -3A =
=D i Az = (AI-3N) + (AT - IN) 3=IM3-IN+ABI-INY,
iAs =(NI=3A) +(A-IN)I=3AI-F3IN+AI-INT.

Cor‘,: Ay e Ajy ris’:ewano la Jecomros;zione in tiri =
= EAd , nmm] =0 . @?_&Hé‘“*(M)

(W - lbali <l & &
HEH (M) = iy g-sorme Globali chiuse  H *(M) = H, (M).
V4 7 esatte
g ) . 9
WM =Uan g0 HM, Py = B0 Y M) = 305 (M)
W% (M) = Kare Ay n HO(M, % (m))
2 J J ) ) e dp
Wy M) =D | HPIM). Peicke &g @ redle, "] (M)="13 (M),

Hodge per ag: H ¥ 2 34 (m).

720, (deCom,ooSizan Ji HoJ’ge): M Crt di Kéh'er}
— H*M,C) 2 & HEt (M),
S
— HEH(M) 2HE (M),
L'incluSione Ho(M, S),“‘(M))Q_»Hg’o(M)%H?O(M) ¢ un isomorfismo.
Cor.: LW,(M) ¢ pari. In generale, b (M) (M, €)= Z_ diom HE (M)
Cor.:HY( P, QF(IP"‘))=f¢ Se pEqsm i

0 a‘trimenti

2Bty om ) = 2k(pn )= C se ksm
AP C)=0 ¥ &, H™R(P™, C) {0 s






